CHU PE 10: TICH PHAN HAM HUU Ti VA LUQNG GIAC

Vi du 1: Tinh céc tich phan sau:

7x* =3x-2 +(7x—4)dx
———dx. b) |———.
)I X —x )£x3—3x+2
Epr i
0 ]:js1n xdx ) [ = _[ tanx +1 .
w sin3x ) oS’ x 2tanx+1)
6
Loi gidi
2
a) Dong nhat hé sé: M=é+i+i
x(x-D(x+1) x x-1 x+1
:>7x2—3x—2:A(x—l)(x+1)+Bx(x+1)+Cx(x—1) (1)
x=1=2=2B B=1
XétPT(1)cho s x=0=>-2=-A<4=2
x=-1=8=2C C=4
2 1 4 }
Khi d6 ta c6 1:]{—+ +—]dx:(2ln|x|+1n|x—1|+4ln|x+1|)
Ax x—1 x+1 5
:2lni+ln2+4lni
2 3
b) Bong nhat 37x—4 = 7x2—4 __ A —+ B + ¢
X =3x+2 (x—l) (x+2) (x—l) x—1 x+2
3 Tx—-4)d 3 N _ 3
TacéI:j(Sx )xzj L, 2 2 xz( Lol 1|] ~Liomd
X =3x+2 9| (x=1) x-1 x+2 x—1 Ix+2])], 2 5
2sinxdx  }  sin’ xdx 2 sinxdx 2 d(cosx)
c)I:J- sin3x :j3sinx—4sin3x_j3—4sin2x J.4cos x—1
s s s 5
¢ d B d L f2e—fS 1
ﬂ)[:J‘ zt I ! ~ Sl :—ln(Z—«/g)
§4t -1 0(2t—1)(2t+1) 4 |2t+1 ) 4
2
4 tanx +1
d) Ta co 1=j _dx. Pit t = tanx = df = dx.
o cos” x(2tanx +1) cos’ x
x=0=1t=0
badi can T




[ t+l1 2¢+1+1 1 at 1y dt 1 1 1 s
B e e [t e B B o [
0(2t+1 2t+1 20(2t+1) 29(2t+1) 4l 2+l 2(2e+1) )| 18
1
Vi dy 2: Cho tich phan /= | %: aln2+bn3+c véi a,b,ce Q. Tinh gi4 tri cia bidu thic
0 2x" +3x+1
T=a+2b+3c.
A.T=0 B.T=2 C.T=-2 D. T=-1
Loi gidi
[ xd ‘ xdx _p(2x+1)—(x+1)
fo el i
0 2x" +3x+1 ¢ 2x+1)(x+1) 7 (2x+1)(x+1)
a=1
In|2x+1[ )|’
:j L = 1n|x+1|—M =1n2—lln3:> b=—l
x+1 2x+1 2 0 2 2
c=0
Dod6 T=a+2b+c=0. Chon A
, , A 2x* +4x+1
Vi du 3: Cho tich phan [ = I—dx =aln5+bIn3+c v6i a,b,c € Q. Tinh gia tri cta biéu thic
S X +X
T =a*+bc
A.T=5 B.7T=3 C.T=1 D.T=-1

Loi gidi

42 x +x +2x+1

-]

=i dx+J. x:x 2+ln|x2+x| —2+In%
3 X X

a=1
=2+1n§=1n5—ln3+2:> b=-1=T=-1. Chon D
c=2

In2

Vi dy 4: Cho tich phan |

=a+bln2+cIn5 voéi a,b,c € Q.
o 3e' +2

Tinh gia tri ctia biéu thie T = a +3b + 2c.

A. T =-1 B.T=-2 C.T=1 D. T =-1
Loi gidai
- e A X:0:>t:1
bat t = e = dt = e'dx = tdx. D61 can
=ln2=1¢r=2

2 2 3 2 _3 2
Khi d6 I=J.L=ljwdt=lj.(l— 3 jdt
11( 21

3t+2) 29 t(3t+2) t 3t+2




:—[m t|—ln|3t+2|] =—1 2—%111%: —1n2+%1n5

Do d6 a:O;b:—I;c:%:T:—Z Chon B

j- sin2x

Vi du 5: Cho tich phan = —dx =a+2Inb, véi a,b 1a cac s6 hitu ty.

0 (2 +sin x)
Ménh dé nao duéi day 1a dang?
A.3a+2b=-2 B. 3a+2b=-1 C.3a+2b=1 D. 3a+2b=2

Loi gidgi
x=0—->¢r=0

Pit ¢ = sin x < df = cos xdx va d6i can T
X:E—)tzl

3 |
Khi d6 1 = j 25X o5 xdx = 2] dt 2[”2 ar=2f| ——-—|ar
2 (2+sinx)’ +2) (t+2) o[ 1+2 (1+2)
2
2 b2 2 3 =73
:2(—+ln|t+2|j 2(—+ln3—1—ln2j:——+2.ln—:a+2.lnb:> . Chgn C
(+2 , (3 3 2 3

Vi du 6: Cho tich phan 7 = Iﬂdx—aln7+bln5+cln3 v6i a,b,c € Q. Tinh gia tri cta biéu thic

=|al+[p] +|c]
A.S:l B.S:i C.S=3 DSZE
2 2 2
Loi gidgi
C2x+1 p x+1+x S dx 6 dx
Ta cé = =
aco -!.x3 —xdx -!x.(x—l)(x+l)dx ’Ex.(x—l)+£(x—1)(x+l)

6

6
=1nx_1 +llnx_1 =1In Bl —l E=zln5—lln7—lln3
xl, 2 |x+1 32 7 2 2 2
. 3
Dodé a=—:b=c :—E:>S |a|+ || + |c| ~. Chen D

(2sinx —1)cos xdx

Vi du 7: Cho tich phan =a+In3+cIn2 véi a,b,c € Q. Khang dinh nao sau day la

2sinx +1

c\‘k\q'—’w‘ﬁ

dung.




A.b+c=a. B.b+c=2a C.b—-c=4a D. b—c=-4a

Loi giai

2sinx—1 i 4 Lo — :
( smx‘ )d(sinx) . >]:IZt ldtzj(l— 2 jdt
2sinx +1 l2t+1 1 2t +1
2 2

(2sinx —1)cos xdx

2sinx +1

~
Il
NN o [N

O N ——o |y

1

=(t—ln|2t+1|) =l—lni=l—ln3+ln2:>a=
2 2 2

1
2

%;b=—l;c:1:>b—c=—4a. Chon D

Vi du 8: Cho tich phan (cos3 x —cos’ x)dx =a+b2+cx véi a,b,ceQ. Tinhtdng S=a+b+c.

O N [

A S= B.5=—" c.s=_1 D.5=_>
24 12 24 )
Loi gidi
1 : : : :
j(cos3 x —cos’ x)dx :j cos’ xdx — Icosz xdx = jcosz xd sin x — I—l LLLLEDPN
0 0 0 0 0 2

4 . . x  sin2x)|% . sin®x )| (7 1
=J.(1—s1n x)dsmx— —+ =|sinx— - —+—=
0 2 4 3 8 4
0 0
:—l+i\/§—l7r:>a+b+c:_—1+i—l:L. Chon A.
4 12 8 4 12 8 24
t dx ;
Vi du 9: Cho tich phan I:J- "1y =aln3+bIn2+clns5 véi a,b,c € Q. Tinh gid tri cua bi€u thuc
X+ 2x
T:a(b+c)
A.T=— BT:_—5 C,T:__1 DT:__l
9 18 2 9
Loi giai
1_2 dx _2 dx _2 x’dx _12 dx’ _11 P |
_I4 _,[3 __'.33 __[33 — =
X +2x 1x(x+2) 1x(x+2) 31x(x+2) 6 |x +2|],
1
a=—
6
1, 12 1 1
=gln?:g(2ln2+ln3—ln5):> b:E = a(b+c)=—. Chon D




s

sin xcos® x

3
Vi du 10: Cho tich phan / :j—dx:aln3+bln3+c Vo1 a,b,c € Q. Tinh tich P = abc
0

1+ cosx
A.P:l B.P:l C.P:_—1 D.P:_—1
8 4 4 8
Loi gidai
z z I
3 2 3 2 2 .2 1 2 1
1=J-smxcos xdx=j cos d (co0s ) == >jtdtzjtdt =J.(t—1+ 1 jdt
y l+cosx o L +cosx 1+t 1+t o 1+1¢
2 2
1 a=2
t? 1 4 1 1
=| ——t+hnf+1||| ===+In—=2In2-In3-—=1bh=—-1=P=abc=—. Chon B
2 18 3 8 4
2 -1
c=—
8




BAI TAP TU LUYEN
5 . r dx .
Cau 1: (Dé thi THPT Quoc gia nam 2018) Tich phan j—3 bang
o X+

16 B. logé C. lné D. 2

" 225 3 3 15

1
2
Cau 2: Cho Ix"dx L va I2 dx T = Inm, voi n,m 1a cac s nguyén duong. Tim khing dinh diing?
x f—
0

A.n>m B.l<n+m<5 C.n<m D.n=m

Cau 3: (D¢ thi THPT Quac gia nim 2017) Cho a,b 1a cac s6 nguyén thoa man

1
j( 1 jdx:aln2+bln3. Ménh d& nao dudi day diing?
0

x+1 x+2
A.a+b=2 B.a-2b=0 C.a+b=-2 D. a+2b=0.
. ff 3 2 3 4 . A AR a4
Cau 4: Cho j + dx=aln=+bln—. v&i a,b € Z". Ménh d€ nao ding?
\X+2 x+3 2 3
A.2a+3b=10 B.a-2b=4 C.a+b=7 D. 3a+2b=13
X (2 3 25 s A
Cau 5: Cho J- —— dx=aln—+bIn2 vbi a,b 1a cac s6 nguyén. Ménh dé nao dung?
X x—2 27
A.a+b=-2 .a+ -1 C.a+b=1 D.a-2b=-3
1
Cau 6: Cho J-( j =aln2+bIn3 véi a,b 1a cic s nguyén. Ménh dé nao dudi diy ding?
X
0
A2-_L B. 1:——. C.b—a=-5 D.b+a=5
a 4 b
“ 17
Cau 7: Cho j =aln2+bIn— véi a,b 1a cic s6 nguyén. Ménh dé nao dudi day dang?
S\2—X 3x+5 14
PN B a-1 c2.1 p.2__1
b 2 b 2 a 2 a 2
fx e+l b ,
Ciu 8: Biét j dx = a+1n§ voi1 a,b 1a cac s6 nguyén. Tinh S =a —2b.
3
A §=-2 B. §=10 C.S=5 D. §=2
0 2
Ciu 9: Biét I3x+—5;1dx:aln§+b véi a,b 1a céc sb hiru ti. Tinh a +2b.
%—
A. a+2b=30. B. a+2b = 40. C. a+2b=50. D. a+2b=060.
. L fxt—x+4 . o ,
Cau 10: Biét J.—ldx=a+bln2—cln3 voi a,b,c 1a cac so duong. Tinh abc.
X+

2



A. abc=12 B. abc =36 C. abc =62 D. abc=6

=e. Tinh a.
A.azi B. a= 2 C.a=e D a=£.
l-e e—1 2
2x+3 - o~ L
Cau 12: Bletj dx=aln2+b véi a,b € Q. Hay tinh a + 2b.
-X
A.a+2b=0. B. a+2b=2. C.a+2b=3. D.a+2b=7.

2
Cau 13: Biét [~ Lo+ 4ln% véi a,b e Z. va % 1a phan sb t4i giam. Tinh 2a +b.
X+

A. 2a+b=0. B. 2a+b=13. C. 2a+b=14. D. 2a+b=-20
~ s AL s . £ \ L txtdx 1
Cau 14: Tim tat ca cac so0 thuc duong m thoa man I =ln2—-—.
o X +1 2
A.m=2 B. m=1 C.m>3 D. m=3
Cau 15: Biét IL=a1n2+b1n5+c1n7véi a,b,ceQ. Tinh S=a+4b—c.
(x+1)(x+4)
A §S=2 B. S§=4 C.S=3 D. =5
2
Cau 16: Cho a,b,c 1a cac s6 nguyén théa min _[;dx=aln2+bln3+cln5.
1(x+1)(2x+1)
S=a+b+c.
A S=1 B. S=0 C. §=-1 D. §=2

25 . . 5
dx =a lnE +bIn2véi a,b 1a cac s6 nguyén. Ménh dé nao dung?

5
Ciu 17: Cho [—— x+4
3 x(2-

A. a+b=-2. B.a+2b=-1 C.a+b=1. D.a-2b=-3

3
Cau 18: Bibt j

trinh nao dudi day?

A. x> —4x+3=0 B. x2—2x+%:0 C. xz—x—%:O D. x>’ -2x-3=0

Ciu 19: Biét I =aln2+bIn3+cIn5 véi a,b,c 1a cac sd nguyén. Tinh S =a+b+c.

x+x

A. §5=6 B. S=2 C.§5=-2 D. §=0

Cau 20: Gia su j =aln5+bIn3+cln2,(a,b,c € Z). Tinh § =—2a+b+3c.

x—x

Tinh

X o . \ A NETEE . a ,
5 _la’x =aln2-bIn3 véi a,b € Q. Khi do a va b dong thoi 1a hai nghiém ctua phuong



A. §=3 B. S=6 C.§5=0 D. §=-2

2

Cau 21: Cho a,b 1a cac s6 nguyén thoa min J.

dx=aln5+bIn2. Ménh dé nao dung?

2

X" +3x
A.a+2b=0 B. 2a-b=0 C.a-b=-4. D. a+b=0.
2
Céu 22: Cho a,b 1a cac s6 nguyén thoa méan j N =aln2+bIn3. Tinh S =a+2b.
| XT +2x
A S=-1 B. S=1 C.S5=2 D. §=0
Céu 23: Biét j—: aln2+b1n5 voi a,b 1a cac sb nguyén. Tinh S = a —2b.
X +x-2
A.S:—l B.S:—g C.S5=-2 D.S:—i
3 3 3
Cau 24: Biét J-—=aln2+bln3 v6i a,b € Z. Ménh d& nao dang?
X +3x+2
A.a+b=2. B.a-2b=0 C.a+b=-2. D.a+2b=0
1
Céu 25: Cho a,b 1a cac s6 nguyén thoa méan j#=aln2+bln3. Tinh S =a+b.
0 X —35x+6
A §=-3 B. S=-2 C.S=1 D. =0
Ciu 26: Biét J-—dx—aln5+bln3 vol a,b € Q. Hay tinh P = ab.
x +4x+3
A. P=8 B. P=-6 C.P=-4 D. P=-5
2x 3 y . A XN .
Cau 27: Biét J.ﬁdx= aln§+bln2 voO1 a,b € Z. Ménh dé nao ding?
X+
A. 2a+b=11 B. a+2b=-7 C.a+b=8 D.a-2b=15
1
Céu 28: Biét j ﬂdx:aln2+bln3 v6i a,b € Z. Ménh dé nao dung?
0~ 2x* —x+6
V- B.4-_1 C.h-a=-5 D.b+a=5
a 4 b 4
4
Cau 29: Biét [ 9x—7dx=aln2+blnl—7 v6i a,b e Z. Ménh d& nao dang?
3—3x +x+10 14
a1 B.4-1 c2 1 p.2__1
b 2 b 2 a 2 a 2

x+2

Ciu 30: Bletj dx =aln12 +bIn7 v6i a,b € Z. Tinh tong a +b.

X2 +4x+7

A.a+b=-1 B.a+b=1 C.a+b=2 D.a+b=0



3x-2

1
Cau 31: Biét [ dx = 21n%—% véi a,beZ va % t8i gian. Tinh ab .

0)c2+6x+9
A. ab=-5 B. ab =27 C.ab=6 D. ab=12
2 2
Cau 32: Cho a,b € Qthéaman [————dx=l+aln2+bIn3. Tinhtng S =a+b.
X" —Tx+12
A. S=-9 B. S =41 C.5=9 D. S=7
X2 —3x+2
Cau 33: Cho a,b,c € Q thoa Iz—ldxzaln7+bln3+c. Tinh T = a+2b> +3¢°.
S X —Xx+
A T=4 B.T=6 C.T=3 D.T=5
.t dx
Cau 34: Biét [ ——— =aIn3+bIn2+c Vi a,b,ce Q. Tinh S=a+b+c.
X+ X
A S=-2 B.S=—-L c.s=2 D.s=.
2 6 3 6
. LT X 11 y . NP .
Cau 35: Bict I ——dx=—— In2 véi a € R.Hoi athudc khoang nao sau day?
y X°+1 2 a+l
A. (0;2) B. (2;4) C. ae(46) D. a e(6;8)
. ¢ x’dx a a
Cau 36: Biét | ~=—"+Inc v6i a,b,c €Q, ¢ >0va = t6i gian. Tinh S = abc.
0(.x+1) b b
A. S=16 B. S=38 C. §=80 D. S=10
2
Cau 37: Biét j 4dx :llna+llnb—llnc véi a,b,c e Z" . Tinh abc.
X+ 2x 6 6
A. abc =16 B. abc =20 C. abc =30 D. abc =60
2
Céu 38: Biét jL Oha-Lmp vei a,beZ" . Tinh S =ab—a* —b.
1x(x4+1) 4 4
A. S=13 B. S=17 C. S=30 D. S=34
.4 dx a c a ¢ ;
CAu 39: Biét [—————="—+In= véi a,b,c,d € Z" va —;= tbi gian. Tinh a+b+c+d.
X (x+1) b d b d
A.32 B. 16 C. 12 D. 10

2 (3x2 +1)dx

Cau 40: Biét [~ S+ L v6i abye,d e Z0 va LS 1a cac phan sb t6i gian. Tinh a +b—c + d.
X (x+1) b b d

A. =32 B. —44 C. 8l D.7



Cau 41: Biét [ 2"—+5201x=—3+51n£ v6i a,b,c,d eZ” va <;< 1a cac phan sb t5i gian. Tinh
lx(x-i-l) b d b d
a+b+c+d.
A.7 B.9 C. 10 D. 12
!
n 4 ] xdx a 1 L. L. a z. ., ,
Cau 42: Biét J.—z =———Inc v61 a,b,c € Z" va — toi gian. Tinh a+b +c.
(x-1)(x+1) b 4 b
A.9 B. 10 C.12 D. 14

Cau 43: Biét [cosxdx = a + b3, v6iava b 1a cac sé hiru ti. Tinh a — 4b.

W N ——o [N

A.a—4b =

B.a-4b=3 C.a—-4b=—— D.a—4b:%

Ciu 44: Cho a,b 1a cac s hiru ti thoa man | sin5xdx = a + bg. Tinh a —b.

Sl TR

A.a—b:l B.a—b:—l C.a-b=— D.a-b=0
5 5 10

1

2
Céiu 45: Biét jcos zxdx = m+1. Hoi khiang dinh nao sau day 1 diing?
0

A.tm=1-rx B.l+7zm=rx C.l-mm=2r D.1-3m=rx

S 10 | —

Céu 46: Cho |(1-sin3x)dx = 7 1P v6i a,ce N va 2 1a phin s6 t6i gidn. Tinh 2a+b+c.
a C c
A.4 B.2 C.6 D. 38

dx . Hay tinh gia tri cta biéu

s 3 —
Cau 47: Cho a,b,c 1a cac sb nguyén thoa man Lo Y = 4 3”;6 -

sin® x

NNy [N

thie T = 2a* +3b° — abe.
A. T=-16 B.T=-12 C.T=3 D.T=12

1

CAu 48: Cho ham s6 f'(x)=a.sinzx+b théaman f(1)=2 va _[f(x)dx =4. Tinh a+b
0

A. B.2+7x C.2+2rx D. 3+2x

A < A M I . 1 ~ r s c o
Cau 49: Biét rang '[sm X cos xdx = 7 Hay tinh gid tri cua a.
0



A.azz B.azzl C.azz D. a=
2 3 4

K]

Cau 50: Tim tap hop nghiém cua phuong trinh J-sin 2tdt =0 voi an x.
0

A kr,(keZ) B. k27,(k e Z)
C. %+k7z,(keZ) D. %+k7z,(keZ)
C o
Cau 51: Biét J.Cos—gxldxzz é—ﬁ voéi a,b,c,d eQ va b la phan sb tdi gian. Tinh tong
» cos” 2x a c c
3
S=a+b+c+d
A. §=28 B. §=29 C. §=30 D. §=31
;r1+sin2£ -
Cau 52: Biét [——2dx="+b voi a,beZ . Tinh a+b.
T sin? a
2 2
A.a+b=8 B.a+b=9 C.a+b=11 D.a+b=6

2
Ciu 53: Biét (sin% —cos gj dx = 7 + m. Hoi khang dinh nao sau day dung?

S R

A.2m+2=r B.2m+2=-x C.2m+r=2 D.2m=7m+2

Cau 54: Trong cac ham $6 sau, ham s6 nao co tich phan trén doan [0;7:] dat gié tri bﬁng 0?

A. f(x)=cos3x B. f(x)=sin3x
C. f(x):cos(§+%j D. f(x):sin(%+%j

1 a\/z

. « A oy A K As eq ;
dx = vol b,c e N % 1a phan so to1 gian. Tinh a +2b +c.

Cau 55: Cho |—; >
sin” xcos” x

NN —— [y

A1l B.5 C. 10 D. 11
H

Cau 56: Cho |- COS2X_ ge=a+ 23 véi be e N va 2 1a phan s6 161 gign. Tinh T=a +b+c.
7SI XCOS X C C
s

A. T =9. B.T=5 C.T=-5 D. T =-9.

3
Ciu 57: bé j (sinz - %j dt =0, voi k € Z thi x phai thoa méan diéu kién nao sau day?

0



A. x=k2rx B. x=kr C.x:k—ﬁ D.x=r+k2nx

2

Cau 58: Néu [(sinx+cosx)dr =0 véi 0<a <27 thi gia tri a bing bao nhi¢u?
0

AL B.~ C. 3z D. 7
4 2 2
m 2
Cau 59: Vi gia tri ndo cia tham sb m thi J.(x +sin’ x)dx = %
0
A.m=1 B.m=2 C.m==" D.m="
6 3 4

A - A . T b . \ A A b A A LAt o , 2
Cau 60: Biét |sin® xdx = ——— v6i a,b,c 1a cac sO nguyén véi — 1a phan so toi gian. Tinh tong a +b +c.
c

a ¢

Oy n [N

A. 13 B. 12 C.11 D. 10

Céu 61: Biét jsinxcos xdx =0 v6i 0 < a <27 thi bang bao nhiéu?
0

Aca=r B.a=2 C.a=E D.a="
2 2 4

a

4
Céu 62: Biét J.sin 3xsin2xdx =a+ % v6i a,b 1a cac sb nguyén. Tinh S = a +b.
0

A §=-2 B. $=-3 C.§5=2 D. §=3

[N

2
Cau 63: Biét [sin7xsin 2xdx = % v6i % 1a phan s6 t6i gian. Tinh téng S = o + b.
A. S =61 B. S =23 C.S=49 D. S =63

i
Ciu 64: Icos3xcosxdx =2 wibeN va % 1a phan s6 tbi gian. Tinh T = a +b.
0
A. T=1 B.T=5 C.T=3 D.T=-3

1

Cau 65: Cho | ———
1+cos2x

St—r N

di=2v6i beN va % 1a phén s6 t6i gian. Tinh T = a —b.

A.T=-1 B.7T=1 C.T=-3 D.T=2

T

2
Cau 66: Choj1 !
»1—cosx

3

dx =+a +b véi aeN',beZ. Tinh T =2a-b.




A. T =11

Cau 67: Voi x>0, taco

A. f(4):%

B.T=5 C.T=6

jf(t)dt = xcoszx. Hay tinh f(4).
0
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